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Abstract We consider a simple extension of the Standard
Model (SM) with a vector-like lepton and a localU (1)′ sym-
metry, motivated by the recent experimental anomalies in
the muon g − 2 and the W boson mass. The U (1)′ symme-
try is spontaneously broken by the VEVs of the dark Higgs
scalar and the second Higgs doublet, giving rise to the mixing
between the muon and the vector-like lepton. As a result, we
obtain the desirable corrections to the muon g−2 and the W
boson mass simultaneously, dominantly due to the Z ′ gauge
interactions for the vector-like lepton and the second Higgs
doublet, respectively. We also discuss the consistency of the
model with the Z boson decay width, the Higgs couplings
and the dilepton bounds.

1 Introduction

The Standard Model (SM) has been well tested by elec-
troweak precision measurements at collider and intensity
experiments and its success has culminated with the discov-
ery of the Higgs boson, being consistent with the predicted
couplings in the SM. Thus, any new physics scenario beyond
the SM must pass the precision tests for electroweak inter-
actions and Higgs couplings, before it becomes meaningful
for a further investigation.

Recently, however, there have been several interesting
hints for new physics in some of the precision observables
in the SM. The long-standing anomaly in the muon g − 2
observed by Brookhaven E821[1] has been confirmed by
Fermilab E989 [2], and the combined significance for the
deviation from the SM prediction [3] is at 4.2σ . Further-
more, another interesting observation for the W boson mass
has been very recently made by the CDF II experiment at
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Fermilab Tevatron [4], with the measured value,

MCDFII
W = 80.4335 GeV ± 9.4 MeV. (1)

This result shows that its deviation from the SM prediction
[5] is highly significant at the level of 7.0σ , before com-
bination with the previous results from LEP and LHC and
the former results in Tevatron experiments [6]. These two
anomalies, the muon g − 2 and the W boson mass, may call
for a simultaneous explanation from a new physics scenario.
This is the topic of interest in this article.

We consider an extension of the SM with an SU (2)L sin-
glet vector-like lepton, which is charged under a local U (1)′
symmetry as introduced in Refs. [7,8]. We assume that the
SM particles are neutral under theU (1)′ but the second Higgs
doublet carrying the U (1)′ charge is introduced for the mix-
ing between the muon and the vector-like lepton. After the
electroweak symmetry and the U (1)′ symmetry are broken
spontaneously, we obtain a small seesaw muon mass and a
desirable correction to the muon g − 2 at the same time.
Moreover, a nonzero mixing for the left-handed muon mod-
ifies the charged current interaction for the muon as well as
the W boson self-energy, but it leads to small corrections to
the W boson mass, due to the lepton flavor universality for
the Z boson decay width. Instead, a nonzero VEV of the sec-
ond Higgs gives rise to a sizable correction to the W boson
mass at the tree level. We show the correlation between the
seesaw muon mass, the muon g − 2 and the W boson mass
in our model.

The paper is organized as follows. We first describe the
model setup with the vector-like lepton and the U (1)′ sym-
metry. Then, we show how the lepton masses and mixings are
generated by a seesaw mechanism in our model and present
the modified new interactions for Z ′ and electroweak gauge
bosons. Next we discuss the main results of our work on the
corrections to the muon g − 2 and the W boson. Finally,
conclusions are drawn.
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2 The model

We introduce an SU (2)L singlet vector-like lepton, E , with
charge −2 and a dark Higgs field φ with charge −2 under the
U (1)′ gauge symmetry [7,8]. We also have a Higgs doublet
H ′ with the same quantum numbers as the SM Higgs H ,
except the charge +2 under the U (1)′. We assume that the
SM Higgs doublet H and the SM fermions are neutral under
the U (1)′. The assignments for U (1)′ charges are given in
Table 1. Here, we chose the U (1)′ charges to be ±2, but if
chosen differently, we only have to rescale the U (1)′ gauge
coupling accordingly, without changing the results.

The Lagrangian for the SM Yukawa couplings including
Z ′, dark Higgs φ, and the vector-like lepton is

L = −1

4
F ′

μνF
′μν − 1

2
sin ξF ′

μνB
μν + |Dμφ|2 + |DμH

′|2

−V (φ, H, H ′) + Lfermions (2)

with

Lfermions =
∑

i=SM,E

iψ̄iγ
μDμψi − yd q̄LdRH − yuq̄LuR H̃

−yl l̄LeRH

−ME ĒE − λEφ ĒLeR − yE l̄L ERH
′ + h.c..

(3)

Here, H̃ = iσ 2H∗, F ′
μν = ∂μZ ′

ν − ∂ν Z ′
μ, Bμν is the

field strength tensor for the SM hypercharge, the covari-
ant derivatives are Dμφ = (∂μ + 2igZ ′ Z ′

μ)φ, DμH ′ =
(∂μ − 2igZ ′ Z ′

μ − 1
2 igY Bμ − 1

2 igτ
iW i

μ)H ′, DμE = (∂μ +
2igZ ′ Z ′

μ + igY Bμ)E , and sin ξ is a gauge kinetic mixing.
Moreover, V (φ, H, H ′) is the gauge-invariant scalar poten-
tial for the singlet scalar φ, the leptophilic Higgs H ′ and the
SM Higgs H , given by

V (φ, H, H ′) = μ2
1H

†H + μ2
2H

′†H ′ − (μ3φH
†H ′ + h.c.)

+λ1(H
†H)2 + λ2(H

′†H ′)2

+λ3(H
†H)(H ′†H ′)

+μ2
φφ∗φ + λφ(φ∗φ)2 + λHφH

†Hφ∗φ
+λH ′φH

′†H ′φ∗φ (4)

The U (1)′ symmetry and electroweak symmetry are bro-
ken by the VEVs of the dark Higgs and the Higgs doublets,
〈φ〉 = vφ , 〈H〉 = 1√

2
v1 and 〈H ′〉 = 1√

2
v2. Then, the squared

mass of the Z ′ gauge boson becomes m2
Z ′ = g2

Z ′(8v2
φ +4v2

2),
before the mass mixing between neutral gauge bosons is

Table 1 The U (1)′ charges

qL uR dR lL eR H H ′ EL ER φ

U (1)′ 0 0 0 0 0 0 + 2 − 2 − 2 − 2

taken into account. Moreover, we get the masses for elec-

troweak gauge bosons as MZ = 1
2

√
g2 + g2

Y v and MW =
1
2gv, with v =

√
v2

1 + v2
2.

The second Higgs doublet H ′ couples to the leptons in
association with the vector-like lepton, due to the nonzero
charge under the U (1)′. Then, the mixing masses between
the leptons and the vector-like lepton are generated by the
VEVs of the singlet scalar and the leptophilic Higgs dou-
blet, modifying the physical lepton masses and mixings. In
order to avoid flavor changing neutral currents at tree level
and the collider bounds on light resonances, we assume that
the vector-like lepton couples strongly to the muon but very
weakly to the other leptons, in particular, to the electron,
for instance, to be consistent with the bound from LEP. For
instance, in models with extra dimensions on orbifolds [9],
if the SM leptons are localized at different fixed points and
the vector-like lepton is localized at the fixed point where
the muon is localized, it is possible to explain the muon-
specific couplings for the vector-like lepton while the other
couplings to electron and tau are suppressed by the volume
of the extra dimension. However, extra vector-like leptons
can be introduced to mix with the other leptons in the SM
with no problem for flavor changing neutral currents.

3 Lepton masses and mixings

Taking into account the mixing between the vector-like lep-
ton and one lepton, (which is muon for the later discussion
on the muon g − 2), we first enumerate the mass terms for
the lepton sector as

LL ,mass = −ME ĒE − m0ēe − (mR ĒLeR + mLēL ER + h.c.)

= −(ēL , ĒL )ML

(
eR
ER

)
+ h.c. (5)

where

ML =
(
m0 mL

mR ME

)
, (6)

with m0 being the bare lepton mass given by m0 = 1√
2
ylv1,

and mR,mL being the mixing masses, given by mR = λEvφ

and mL = 1√
2
yEv2, respectively.

By making a bi-unitary transformation with the rotation
matrices for the right-handed leptons and the left-handed lep-
tons, as follows [10],

(
eL
EL

)
= UL

(
l1L
l2L

)
,

(
eR
ER

)
= UR

(
l1R
l2R

)
, (7)
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with

UL =
(

cos θL sin θL
− sin θL cos θL

)
, (8)

UR =
(

cos θR sin θR
− sin θR cos θR

)
, (9)

we can diagonalize the mass matrix for the vector-like lepton
and the lepton as

U †
LMLUR =

(
λ− 0
0 λ+

)
. (10)

Here, we get the mass eigenvalues for leptons [10],

λ2−,+ = 1

2

(
m2

0 + M2
E + m2

L + m2
R

∓
√

(M2
E + m2

L − m2
0 − m2

R)2 + 4(mRME + mLm0)2
)

≡ m2
l1,l2

, (11)

and the mixing angles as

sin(2θR) = 2(MEmR + m0mL)

m2
l2

− m2
l1

, (12)

sin(2θL) = 2(MEmL + m0mR)

m2
l2

− m2
l1

. (13)

With λ− = ml1 and λ+ = ml2 obtained after diagonaliza-
tion, the lepton masses in Eq. (5) take the following form,

LL ,mass = −ml1 l̄1l1 − ml2 l̄2l2. (14)

From Eq. (11), we note that the mass eigenvalues satisfy the
following simple relation,

ml1ml2 = MEm0 − mRmL . (15)

Thus, taking ml2 	 ME for m0,mR,mL 
 ME , we obtain
the lighter lepton mass as

λ− = ml1 ≈ m0 − mRmL

ME
. (16)

Therefore, the seesaw contribution from the heavy vector-
like lepton is naturally small, because it needs mL �= 0 and
mR �= 0, which come from a simultaneous breaking of the
electroweak symmetry and theU (1)′ symmetry with the sec-
ond Higgs doublet and the dark Higgs. As far asm0 > mRmL

ME
,

we find that the lighter lepton mass eigenvalue is positive.1

Otherwise, in order to get a correct sign for the lepton mass
term, we need to make field redefinitions such as l1L → l1L
and l1R → −l1R . For the later discussion, we assume that
m0 > mRmL

ME
without loss of generality.

1 The connection between the seesaw lepton mass and the muon g − 2
was discussed in Ref. [8], but the bare lepton mass larger than the seesaw
lepton mass is required for a correct sign of the correction to the muon
g − 2.

For ME � m0mL/mR,m0mR/mL , the mixing angles in
Eqs. (13) and (12) also get simplified to

sin(2θR) 	 2MEmR

m2
l2

− m2
l1

	 2mR

ME
, (17)

sin(2θL) 	 2MEmL

m2
l2

− m2
l1

	 2mL

ME
. (18)

Then, if mRmL
ME

� ml1 and mR,mL 
 ME , we get ml1 ∼
mRmL
ME

	 θRθLME , or θRθL ∼ ml1/ME .
Consequently, the mixing between the lepton and the

vector-like lepton leads to the effective interactions of leptons
to Z ′ and weak gauge bosons, as follows,

Ll,eff = −2gZ ′ Z ′
μ

(
c2
R Ēγ μPRE + s2

R l̄γ μPRl

−sRcR(Ēγ μPRl + l̄γ μPRE)

+c2
L Ēγ μPL E + s2

L l̄γ
μPLl

−sLcL (Ēγ μPLl + l̄γ μPL E)
)

+ g

2cW
Zμ(vl + al )

(
c2
L l̄γ

μPLl + sLcL (Ēγ μPLl + l̄γ μPL E)

+s2
L Ēγ μPL E

)
+ g

2cW
Zμ(vl − al )

(
l̄γ μPRl + s2

L l̄γ
μPLl − sLcL (Ēγ μPLl + l̄γ μPL E)

+Ēγ μPRE + c2
L Ēγ μPL E

)

+ g√
2
W−

μ

(
cL l̄γ

μPLν + sL Ēγ μPLν
)

+ h.c., (19)

with sR = sin θR, cR = cos θR , sL = sin θL , cL = cos θL ,
and vl = 1

2 (−1 + 4s2
W ) and al = − 1

2 . Here, we used the
same notations for mass eigenstates as those for interaction
eigenstates, such as l, E, Z , Z ′.

We remark that the mass mixing between Z and Z ′ gauge
bosons leads to the following extra gauge interactions for the
SM fermions and the vector-like lepton, which are separable
for small θL ,R , as follows,

LZ−mix = −2gZ ′((cζ − 1)Z ′
μ − sζ Zμ)(Ēγ μE)

+ e

2cW sW

∑

f =SM,E

(sζ Z
′
μ + (cζ − 1)Zμ)

×
[
f̄ γ μ(τ 3 − 2s2

W Q f ) f
]

(20)

where Q f is the electromagnetic charge operator, τ 3 is the
third Pauli matrix, and cζ = cos ζ, sζ = sin ζ . Here, ζ is the
mixing angle between Z and Z ′ gauge bosons [8,11], given
by

tan 2ζ = 2m2
12(M

2
Z2

− M2
Z )

(M2
Z2

− M2
Z )2 − m4

12

(21)
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where M2
Z = (g2 + g2

Y )v2/4, and the mass eigenvalues for
Z -like and Z ′-like neutral gauge bosons are

M2
Z1,2

= 1

2

(
M2

Z + m2
22 ∓

√
(M2

Z − m2
22)

2 + 4m4
12

)
(22)

where

m2
22 = m2

Z ′/c2
ξ + M2

Z s
2
W tξ

(
tξ − 8gZ ′

cξ gY
sin2 β

)
, (23)

m2
12 = M2

Z sW tξ − 4sW gZ ′

cξ gY
M2

Z sin2 β, (24)

with sin β = v2/v, tξ = tan ξ , cξ = cos ξ . Here, we note that
the gauge kinetic mixing, sin ξ , also contributes to the mixing
between Z and Z ′ gauge bosons [8,11]. But, we can ignore
the gauge kinetic mixing for | tan ξ | � 4(gZ ′/gY ) sin2 β.
Otherwise, the gauge kinetic mixing should be taken into
account for the mass mixing between Z and Z ′ gauge bosons
and the new Z ′ interactions to the electromagnetic current,
being proportional to the gauge kinetic mixing [8,11]. As will
be discussed in the later section, the mass mixing between
Z and Z ′ gauge bosons is important for explaining the W
boson mass, so it is interesting to consider the effects of the
Z ′ and Z gauge bosons at the LHC, in particular, due to the
interactions to the quarks.

We also discuss the SM Higgs Yukawa interactions in the
presence of the mixing between the lepton and the vector-like
lepton. Considering the mixing angle α between the CP-even
neutral Higgs scalars belonging to H and H ′ [8] but ignoring
the mixing with the dark Higgs coming from φ, we get the
effective lepton Yukawa interaction to the SM Higgs h, as
follows,

Lh,μ = −1

v

(
m0 cos α

cos β
− mL sin α

sin β
sin θR

)
l̄L lRh + h.c.

(25)

where cos β = v1/v. Thus, we take the alignment limit for
the extra neutral Higgs with α = β and sin θR 	 mR

ME
from

Eq. (17) formR,mL 
 ME . As a result, from the lighter lep-
ton mass eigenvalue in Eq. (16), the above effective Yukawa
interaction for the lepton coincides with the one for the SM.
Similarly, in the alignment limit, the Higgs Yukawa couplings
to quarks are also the same as in the SM [8].

In passing, we present the symmetry argument for the
alignment limit for the Higgs sector with α = β in our
model. First, we can take vanishing mixing angles between
the CP-even scalar coming from the singlet φ and two CP-
even Higgs scalars, for λHφ = μ3 tan β/(2vφ) and λH ′φ =
μ3 cot β/(2vφ). Then, we find the squared mass matrix for
two CP-even Higgs scalars as

M2
S = μ3vφ

sβcβ

(
s2
β −sβcβ

−sβcβ c2
β

)
+ v2

(
2λ1c2

β λ3sβcβ

λ3sβcβ 2λ2s2
β

)
.

(26)

Next, diagonalizing the above mass matrix by the rotation
matrix with mixing angle α = β, we obtain
(

cβ sβ
−sβ cβ

)
M2

S

(
cβ −sβ
sβ cβ

)
=

(
A C
C B

)
(27)

with

A = 2(λ1c
4
β + λ3s

2
βs

2
β + λ2s

4
β)v2, (28)

B = μ3vφ

sβcβ

+ 2s2
βc

2
β(λ1 + λ2 − λ3)v

2, (29)

C = (λ3 − 2λ1)c
3
βsβ + (2λ2 − λ3)s

3
βcβ. (30)

Therefore, we get C = 0 for arbitrary sin β, as far as the
Higgs quartic couplings satisfy the following relations,

λ1 = λ2 = λ3

2
. (31)

This case corresponds to SO(5) 	 Sp(4)/Z2 [12] for two
Higgs doublets in the conformal sector of the scalar poten-
tial in Eq. (4). In other words, if the relations in Eq. (31)
or SO(5) 	 Sp(4)/Z2 symmetry are violated in the Higgs
potential, there is no alignment limit, so the effective lep-
ton Yukawa couplings in Eq. (25) and the quark Yukawa
couplings deviate from those in the Standard Model, being
constrained by Higgs data.

We remark that there are also Yukawa interactions
between the lepton and the vector-like lepton via the dark
Higgs boson as well as extra Higgs bosons coming from the
second Higgs doublet [8]. But, we assume that the extra Higgs
scalars coming from the second Higgs doublet are decoupled
[8]. On the other hand, a nonzero mixing between the dark
Higgs and the SM Higgs could modify the Higgs data and
introduce a new Higgs decay channel if the dark Higgs is
light enough, namely, the SM Higgs decaying into a pair of
dark Higgs scalars. For a vanishing mixing of the dark and
extra Higgs scalars with the SM Higgs boson, we can ignore
the effects of the extra scalars in the following discussion on
the muon g − 2 and the W boson mass.

4 Corrections to muon g − 2 and W -boson mass

We discuss the results for the corrections to the muon g −
2 due to the Z ′ gauge interactions induced by the mixing
between the vector-like lepton and the muon. Then, we also
show the model prediction for the W boson mass due to
the same lepton mixing and consider the consistency of the
results with the Z boson decay width.

4.1 Muon g − 2

The combined average for the muon g − 2 with Fermilab
E989 [2] and Brookhaven E821 [1], the difference from the
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Fig. 1 Feynman diagrams for one-loop corrections to the muon g− 2,
with extra gauge boson Z ′ on left and extra scalars hi on right

SM value becomes

�aμ = aexp
μ − aSM

μ = 251(59) × 10−11, (32)

which shows a 4.2σ discrepancy from the SM [3].
Furthermore, there are measurements for the anomalous

magnetic moment of electron [13,14] and the experimen-
tal measurements in the cases of Cs atoms [15,16] and Rb
atoms[17], which are consistent with the SM prediction,
although there is a need of confirmation for the deviation
in the fine structure constant measured with the Rb data.

In our model, as shown in the left Feynman diagram in
Fig. 1, the one-loop diagrams with the vector-like lepton and
the Z ′ gauge boson contribute dominantly to the muon g− 2
[8], as follows,

�aμ = g2
Z ′m2

μ

4π2

∫ 1

0
dx

[
c2
V

{
x(1 − x)

(
x + 2ME

mμ

− 2
)

− 1

2m2
Z ′

(
x3(ME − mμ)2 + x2(M2

E − m2
μ)

(
1 − ME

mμ

))}

+c2
A{ME → −ME }

]

×
(
m2

μx
2 + m2

Z ′ (1 − x) + x(M2
E − m2

μ)
)−1

(33)

where

cV = 1

2
(sin 2θR + sin 2θL), (34)

cA = 1

2
(sin 2θR − sin 2θL). (35)

On the other hand, as shown in the right Feynman diagram
in Fig. 1, other one-loop diagrams containing the dark Higgs
boson and the extra scalars, hi , with the muon and the vector-
like lepton give rise to subdominant contributions to the muon
g − 2 [8].

For a better understanding, we can make an approximation
for the corrections to the muon g − 2 in Eq. (33) [8] as

�aμ 	

⎧
⎪⎨

⎪⎩

g2
Z ′ MEmμ

16π2m2
Z ′

(c2
V − c2

A), ME � mZ ′,

g2
Z ′ MEmμ

4π2m2
Z ′

(c2
V − c2

A), mμ 
 ME 
 mZ ′ .
(36)

Then, since cV > cA from Eqs. (34) and (35), we find that
the correction to the muon g − 2 is positive, namely, �aμ >

0. For the small mixing angles for the lepton, we can take
c2
V − c2

A 	 4θLθR 	 4mμ

ME
from Eqs. (17) and (18) with

seesaw mass mμ ∼ mRmL/ME . We find that there is a non-
decoupling effect of the vector-like lepton for the muon g −
2, because the large chirality-flipping effect from ME [18]
is cancelled by the small mixing angles such that �aμ ∝
g2
Z ′m2

μ/m2
Z ′ , being almost independent of ME .

In the left plot of Fig. 2, we depict the deviation of the
muon g − 2 as a function of the VEV of the dark Higgs vφ

in our model with mZ ′ = 500 GeV. We took the VEV of
the second Higgs to sin β = 0.18 to get �MW = 76.5 MeV
obtained from the Fermilab CDFII experiment [4]. On the
other hand, in the right plot of Fig. 2, we also showed the
parameter space in mZ ′ versus gZ ′ for explaining the anoma-
lies of the muon g−2 and the W boson mass simultaneously.
The region between the black(blue) lines in the right plot of
Fig. 2 is consistent with the deviation of the muon g − 2 at
1σ (2σ ) level [2].

For both plots in Fig. 2, we fixed ME = 1000 GeV and
took the mixing angles of the vector-like lepton to sin θL =
0.010 to be consistent with the lepton flavor universality for
the Z boson decay width. Then, we chose sin θR = 0.011 for
taking the seesaw lepton mass to the muon mass.

4.2 W -boson mass

The theoretical value of the W boson mass can be derived
from the muon decay amplitude, which relates MW to the
Fermi constant Gμ, the fine structure constant α, and the Z
boson mass MZ [19]. In our model, the charged current for
the muon is modified due to the mixing between the muon and
the vector-like lepton, so the W boson mass is determined by
the experimental inputs with the following modified formula,

M2
W

(
1 − M2

W

M2
Z

)
= πα√

2Gμ

cos θL

(
1 + �r

cos θL

)
(37)

where �r encodes the loop corrections in the SM and the
contributions from new physics. We note that �r = 0.0381
in the SM with cos θL = 1, which leads to the SM prediction
for the W boson mass, as follows [5,6],

MSM
W = 80.357 GeV ± 6 MeV. (38)

On the other hand, the world average for the measured W
boson mass in PDG [6] is given by

MPDG
W = 80.379 GeV ± 12 MeV. (39)

Thus, the SM prediction for the W boson mass is consistent
with the PDG value within 2σ . However, according to the
Fermilab CDFII experiment [4], as shown in Eq. (1), the
newly measured value for the W boson mass is deviated from
the SM prediction at 7.0σ .
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Fig. 2 (Left) �aμ as a function
of vφ in red line, in comparison
to 1σ (2σ ) bands for the
deviation of the muon g − 2 in
yellow(green). We chose
mZ ′ = 500 GeV and
sin β = 0.18. (Right) Parameter
space in mZ ′ versus gZ ′ for
explaining the muon g − 2
within 1σ (2σ ), shown between
black(blue) lines. For both plots,
we fixed ME = 1000 GeV and
the mixing angles of the
vector-like lepton to
sin θL = 0.010 and
sin θR = 0.011

Fig. 3 Feynman diagrams for the self-energy corrections for elec-
troweak gauge bosons

The new physics contribution to the W boson mass can be
approximated to

�MW 	 1

2
MW

s2
W

c2
W − s2

W

(
1 − cos θL − (�r)new

)
, (40)

which is related to the corrections to the ρ parameter by

(�r)new = −c2
W

s2
W

(�ρL + �ρH ). (41)

We now discuss several contributions to the ρ parameter
in our model in order. First, as shown in the first three loop
diagrams (two plots in the upper panel and the left plot in
the lower panel) in Fig. 3, the ρ parameter is modified by
the mixing between the lepton and the vector-like lepton, as
follows [8,20],

�ρL = α

16πs2
Wc2

W

sin2 θL

[
M2

E

M2
Z

− m2
μ

M2
Z

− (cos2 θL )θ+(zE , zμ)

]
,

(42)

with zE = M2
E/M2

Z , zμ = m2
μ/M2

Z , and

θ+(a, b) = a + b − 2ab

a − b
ln

a

b
. (43)

For ME � MZ , we can make an approximation of the vector-
like lepton contribution to the ρ parameter to

�ρL 	 αM2
E

16πs2
Wc2

WM2
Z

sin4 θL , (44)

which is positive definite, but limited due to the lepton flavor
universality from the Z boson width, as will be discussed in
the next subsection.

Secondly, as shown in the tree-level diagram (in the right
plot in the lower panel) in Fig. 3, the VEV of the second
Higgs leads to an additional contribution to the ρ parameter
due to the mass mixing between the Z boson and the Z ′ gauge
boson [8,11], which is given by

�ρH 	

⎧
⎪⎨

⎪⎩

16s2
W g2

Z ′
g2
Y

M2
Z

m2
Z ′

sin4 β, mZ ′ � MZ ,

− 16s2
W g2

Z ′
g2
Y

sin4 β, mZ ′ 
 MZ .

(45)

Here, we note that a nonzero gauge kinetic mixing, sin ξ ,
leads to a negative contribution to the ρ parameter [8,11],
so we took sin ξ = 0 to maximize the new physics contri-
bution to the ρ parameter. In this case, there is a possibility
to increase the W boson mass for mZ ′ � MZ , which is cru-
cial to obtain the desirable correction to the W boson mass
in our model. On the other hand, in the opposite case with
mZ ′ 
 MZ , we can take sin β � 0.1

√
gY /gZ ′ to suppress

the negative contribution from the second Higgs. We note
that there is an important difference from the case where the
U (1)′ charge of the SM Higgs is shifted to a gauge kinetic
mixing in Ref. [21], because there are two Higgs doublets
with different U (1)′ charges in our model.

It is worthwhile to comment on the correlation of the cor-
rection to the ρ parameter with the effective electroweak mix-
ing angle for leptons [22], as follows,

� sin2 θ
lept
eff = − s2

Wc2
W

c2
W − s2

W

�ρ, (46)
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Fig. 4 �MW as a function of
sin β in black lines. We took
ME = 1000 GeV and
sin θL = 0.010, in common, and
vφ = 150(200) GeV
mZ ′ = 500(1000) GeV on
left(right). The differences of
the W boson mass from the SM
prediction in the experimental
values obtained from the
Fermilab CDFII measurement
and the PDG world average are
shown within 1σ errors, in
orange and blue regions,
respectively. All the regions are
consistent with the Z boson
decay width

so it is anti-correlated with the correction to the W boson
mass. The world average of the LEP and SLD experi-
ments and the SLD measurement for sin2 θ

lept
eff are given by

sin2 θ
lept
eff = 0.23153 ± 0.00016 and sin2 θ

lept
eff = 0.23098 ±

0.00026, respectively [23]. On the other hand, the SM predic-
tion for sin2 θ

lept
eff is given by sin2 θ

lept
eff = 0.23153 ± 0.00004

[6]. Then, for �ρ = 1.3 × 10−3 favored by the Fermi
CDFII results on the W boson mass, we get � sin2 θ

lept
eff =

−0.00043, which is in a tension with with the world aver-
age at about 2.5σ but consistent with the SLD measurement.
In the following discussion, we don’t impose the constraint
from sin2 θ

lept
eff in our model, because the large deviation in

the W boson mass with a small uncertainty dominates in
determining the parameter space.

In Fig. 4, we showed the correction to the W boson mass
as a function of sin β in solid line in our model. We compared
the deviations from the SM prediction of the W boson mass
in the experimental values obtained from the Fermilab CDFII
measurement [4] and the PDG world average [6] within 1σ

errors, as shown in orange and blue regions, respectively.
Together with Fig. 2, our result shows that there is a set of
the parameters for which the muon g−2, the Fermilab CDFII
results for the W boson mass and the seesaw lepton mass can
be explained simultaneously. We chose the lepton mixing
angle to sin θL = 0.010 to be consistent with the bound from
the Z boson width.

We comment on the LHC bounds on the mass mixing
between the Z boson and the Z ′ gauge boson, which is impor-
tant for explaining the W boson mass. In our model, there are
also Z ′ gauge interactions to the quarks from Eq. (20), so the
dilepton production from qq̄ → Z ′ → ll̄ is relevant at LHC.
But, since its cross section scales by sin4 ζ = 5.2 × 10−9

from Eq. (21) for mZ ′ = 500 GeV, vφ = 150 GeV and
sin β = 0.2 for the W boson mass, we can evade the LHC
bounds on heavy dilepton resonances [24,25]. Moreover, in
our model, up to the contributions from the lepton mixing

with θR ∼ θL ∼ 0.01, which are sudominant as compared to
those from the Z boson mixing, we obtain the typical effec-
tive operator due to the Z ′ gauge boson, which is relevant for
qq̄ → Z ′ → ll̄, as follows,

Lqqll = CuL

v2 (ūLγ μuL)(ēLγ μeL) (47)

with the Wilson coefficient given by

CuL = v2

m2
Z ′

(
esζ

2sW cW

)2

(1 − 2s2
W )

(
1 − 4

3
s2
W

)
. (48)

Then, we get |CuL | = 3.1 × 10−8 for mZ ′ = 1000 GeV,
vφ = 200 GeV and sin β = 0.2. Therefore, our model is
also compatible with the current best bound coming from
the high-pT tail dileptons, |CuL | < 10−4 [26].

4.3 Higgs couplings and Z boson width

First, we remark that the vector-like lepton couples to the
SM Higgs boson, modifying the diphoton decay mode of the
Higgs boson [8]. But, in the alignment limit for two Higgs
doublets, it is sufficient to take sin θL � 0.5 to be compatible
with Higgs data [8].

More importantly, the Z boson width can be modified due
to the mixing between the lepton and the vector-like lepton.
The partial decay width for Z → μμ̄ in our model is given
by

�(Z → μμ̄) = (vl + al cos 2θL)2 + (vl − al)2

(vl + al)2 + (vl − al)2

�(Z → μμ̄)SM (49)

where �(Z → μμ̄)SM is the partial decay width in the SM.
The measured total width for the Z boson [6] is given by
�Z = 2.4952 ± 0.0023 GeV, and the ratios of the leptonic
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branching ratios for the Z boson are measured [23] to be

BR(Z → μμ̄)

BR(Z → eē)
= 1.0009 ± 0.0028, (50)

BR(Z → τ τ̄ )

BR(Z → eē)
= 1.0019 ± 0.0032. (51)

As a result, we find that the lepton mixing is constrained by
the total Z boson width to sin θL < 0.114(0.162) at 1σ(2σ)

level, which is consistent with the desirable correction to the
W boson mass. On the other hand, the lepton flavor univer-
sality from the Z boson decays constrains the lepton mixing
more strongly to sin θL < 0.030(0.047) at 1σ(2σ) level,
for which the contribution of the vector-like lepton to the
W boson mass is limited to �MW � 7.04(17.3) MeV for
ME � 1 TeV. We took into account the bounds from the lep-
ton flavor universality for the W boson mass in the previous
subsection.

Finally, we comment on a similar test of the lepton fla-
vor universality from the W boson decays. In our model, the
leptonic decay, W → μν is modified by the lepton mixing
angle, cos θL . We first note that BR(W → τν) measured
by LEP was consistently higher than BR(W → eν, μν) by
Rτ/μ = 1.070 ± 0.026 [27], but the LHC data show the con-
sistency with the SM, from Rτ/μ = 0.992±0.013 at ATLAS
[28] and Rτ/μ = 0.985 ± 0.020 at CMS [29]. Similarly, the
other ratios of the branching ratios for the leptonic decays of
the W boson are measured to be Rμ/e = 0.993 ± 0.019 at
LEP, Rμ/e = 1.003±0.010 and 1.009±0.009 at ATLAS and
CMS, respectively. The experimental uncertainties for the W
boson decays are much larger than those for the Z boson
decays, so it is sufficient to consider the Z boson decays to
constrain the lepton mixing angle as above.

5 Conclusions

We presented a simultaneous solution with the vector-like
lepton to the anomalies in the muon g − 2 and the W boson
mass, which have recently drawn a lot of attention in particle
physics community. The U (1)′ symmetry and electroweak
symmetry are spontaneously broken by the VEVs of the dark
Higgs and the second Higgs doublet, giving rise to nonzero
mixing angles between the muon and the vector-like lepton
and the tree-level mass mixing between the neutral gauge
bosons. Thus, we showed that the small seesaw muon mass
and the desirable corrections to the muon g − 2 and the W
boson mass are generated simultaneously even for a heavy
vector-like lepton beyond TeV scale. A relatively light Z ′
and a heavy vector-like lepton and the modified neutral and
charged currents for the muon can be smoking gun signals
in the LHC Run 3 and future experiments.
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